
❉❡✜♥✐t✐♦♥ ✷✳✽ ✭▼❡❤rs♦rt✐❣❡ Σ✲❙tr✉❦t✉r✮✳ ❙❡✐ Σ = (S,Ω,Π) ❡✐♥❡ ♠❡❤rs♦rt✐❣❡ Σ✲
❙✐❣♥❛t✉r✳ ❊✐♥❡ ♠❡❤rs♦rt✐❣❡ Σ✲❙tr✉❦t✉r A ✐st ❞❛♥♥ ❡✐♥ ❚✉♣❡❧

A = ({As}s∈S , {fA}f∈Ω, {pA}p∈Π).

❉❛❜❡✐ ❣✐❧t✿

• ❋ür ❛❧❧❡ s ∈ S ✐st As 6= ∅ ❞❛s ❯♥✐✈❡rs✉♠ ♠✐t ❙♦rt❡ s ✈♦♥ A❀

• ❋ür ❛❧❧❡ f ∈ Ω ♠✐t ❙t❡❧❧✐❣❦❡✐t s1, . . . , sn → s ✐st fA : As1 × · · · ×Asn ✿

• ❋ür ❛❧❧❡ p ∈ Π ♠✐t ❙t❡❧❧✐❣❦❡✐t s1, . . . , sn ✐st pA ⊆ As1 × · · · ×Asn ✳

❉❡✜♥✐t✐♦♥ ✷✳✾ ✭❱❛❧✉❛t✐♦♥✮✳ ❙❡✐ A = (U , (fA : Un → U)f/n∈Ω, (pA ⊆ Um)p/m∈Π) ❡✐♥❡
Σ✲❙tr✉❦t✉r✳ ❊✐♥❡ ❱❛❧✉❛t✐♦♥ β ✐st ❡✐♥❡ ❆❜❜✐❧❞✉♥❣

β : X → U .

❊✐♥❡ ♠❡❤rs♦rt✐❣❡ ❱❛❧✉❛t✐♦♥ ③✉ ❡✐♥❡r ♠❡❤rs♦rt✐❣❡♥ ❙tr✉❦t✉r ♠✐t ❯♥✐✈❡rs❡♥ (Us)s∈S ✐st
❡✐♥❡ ▼❡♥❣❡ ✈♦♥ ❱❛❧✉❛t✐♦♥❡♥

β = {βs}s∈S , βs : Xs → Us.

❉❡✜♥✐t✐♦♥ ✷✳✶✵ ✭❚❡r♠✈❛❧✉❛t✐♦♥✮✳ ■♥❞✉❦t✐✈ ❞❡✜♥✐❡rt ♠❛♥ ❞✐❡ ❚❡r♠✈❛❧✉❛t✐♦♥ A(β) :
TΣ(X) → A ❛❧s

A(β)(x) = β(x), x ∈ X

A(β)(f(s1, . . . , sn)) = fA(A(β)(s1), . . . ,A(β)(sn)), f/n ∈ Ω.

❉❡✜♥✐t✐♦♥ ✷✳✶✶ ✭❋♦r♠❡❧✈❛❧✉❛t✐♦♥✮✳ ■♥❞✉❦t✐✈ ❞❡✜♥✐❡rt ♠❛♥ ❞✐❡ ❋♦r♠❡❧✈❛❧✉❛t✐♦♥

A∗ : FΣ(X) → {0, 1} ❛❧s

A∗(⊥) = 0

A∗(⊤) = 1

A∗(P ) = A(P )

A∗(¬F ) = 1−A∗(F )

A∗(FρG) = Bρ(A
∗(F ),A∗(G))

❉❛❜❡✐ ✐st Bρ ❞✐❡ ❜♦♦❧❡✬s❝❤❡ ❋✉♥❦t✐♦♥✱ ✇❡❧❝❤❡ ♠✐t ρ ∈ {∨,∧,⇒,⇔} ❛ss♦③✐✐❡rt ✐st✳
❋ür ❡✐♥❡ q✉❛♥t✐✜③✐❡rt❡ ❋♦r♠❡❧ ❜❡♥öt✐❣t ♠❛♥ ③✉sät③❧✐❝❤ ❡✐♥❡ ❚❡r♠✈❛❧✉❛t✐♦♥ β✳

A(β)(∀xF ) = min
a∈U

{A(β[x 7→ a])(F )} =

{

1, ❢❛❧❧s A(β[x 7→ a])(F ) = 1 ❢ür ❛❧❧❡ a ∈ U

0, s♦♥st

A(β)(∃xF ) = max
a∈U

{A(β[x 7→ a])(F )} =











1, ❢❛❧❧s A(β[x 7→ a])(F ) = 1 ❢ür

♠✐♥❞❡st❡♥s ❡✐♥ a ∈ U

0, s♦♥st

✺


